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1) Tinh gia trj cta A khi x=4-23

2) Tim gid tri ctax d&€ B=A4+1

3) Tim gia tri nho nhat ctia biéu thite C =B -4

Bai II ( 2 diéin)

Gidi bai todn sau bing cich 1dp phuong trinh hodc h¢ phiwong trinh

Cho hai biéu thic: 4= voi x>0 vax=4

Mot 6 t6 du dinh di tir A dén B trong mét khoang thoi gian da dinh. Néu xe chay véi van toc 35
km/h thi dén B cham mat 2 gio. Néu xe chay vé6i van toc 50km/h thi dén B sém hon 1 gio. Tinh
quang duong AB va thoi gian du dinh di ltc ban dau.

Bai III ( 2 diéin)

x_+3+2_y2: 3
1) Giai hé phwong trinh : Ll
2 T3 g3
x y-2
2) Trong mit phang toa d6 Oxy, cho hai duong thang (d,):y=-mx+m+1 va (d,):y el i 2
m m

v6i m la tham s6 khac 0 .
a) Chting minh réng (d,)va (d,) ludn vudng géc véi nhau véi moi gid tri ctia tham s& m = 0.
b) Tim diém c§ dinh ma duong thang (4, ) ludn di qua . Chitng minh ring giao diém ctia hai

duodng thing ludn thudc mot duong cb dinh.
Bai IV (3,5 diém). Cho duodng tron tim O, ban kinh R. Diém 4 thudc duong tron, BC la mot
duodng kinh (4= B,4=C).Vé AH vudng goc véi BC tai H.Goi E,M Ian luot la trung di€m cta

AB,AH va P lagiao diém ctia OF véi tiép tuyén tai 4 ctia duong tron (O,R).

1) Chttng minh réng: AB> = BH.BC

2) Chting minh: PB 1a tiép tuyén ctia dudng tron (O)

3) Chting minh ba diém P,M,C thing hang.

4) Goi Q 1a giao diém ctia dudng thing P4 véi tiép tuyén tai C ctia duong tron (0). Khi 4 thay
ddi trén dudng tron (0), tim gié tri nho nhét cia téng OP+0Q .

Bai V (0,5 diém)

bon o P . - N i O W
Cho cac s6 thuc khong am x,y,z thoaman: x<1,y<1,z<1 va x+y+z:5. Tim gia tri nho nhat va

gié tri 16n nhat ctia biéu thitc P =x* +)* + 2>
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Cho hai biéu thitc A=—"———= va B=——————""v06i x>0 vax=4.

Jx-2 Jx+2
1. Tinh gié tri cia 4 khi x=4-243.
2. Tim gia tri ca x d€ B=A4+1.
3. Tim gia tri nho nhét ctia biéu thiic C=B—-4.
Loi gii.

Véi x>0;x#4, ta co:
v-a—2 (20-aVx)+(Vx-2) 2x(Va-2)+(Va-2)

Jx-2 Jx-2 - Jx-2
:—(\/;(2(2\2/);“):2\/;“.

\/— Jx+2x-2 (\/x_}f‘/;)Jr(zx*z)_\E(x~])+2(x71)
Vx+2 Vx+2 Va2

:(J}+z)(x71)
(Vx+2)

1. Khi x=4—2\/§=3—2\/§+1=(\/§—1)2,thayvéo 4, ta dugc

A=2Jx+1=2,[(V3-1) +1=2(\3-1)+1=23 1.
Vay x=4-23 thi 4=23-1.
2. B=A+1 & x—1=2/x+1+1
o x-2Jx-3=0
c>(x+\/;)f(3\/;+3)=
c»\/—(\/;ﬂ) (\/;+1):0
c(\/§+1)(\/§—3)=

oVx-3=0 (Vi/x20,vx>0,x=4 nén Jx+1>0)
< x=9.
Vay x=9thi B=A+1.

3. C=B-A=(x-1)~(2x+1)=x-2Jx 2= (-2 +1)-3=(Vx-1) -3

V6i Vx> 0;x %4 thi (\/}71)120, nén (&71)27324.

A=

=x-1.
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Ciu 3:

Déu bang xay ra khi (\/;71)>:0<3 Vi-1=0 & Yx=leox=1.
Vay gid tri nho nhét ctia biéu thitc C=B-4 1a -3 khi x=1.

(2 diéim) Gidi bai todn sau bang cdch 1gp phiong trinh hodc hé phirong trinh:
Mot 6 t6 du dinh di tir A dén B trong mot thoi gian da dinh. Néu xe chay voi van tdc
35km/h thi dén B cham mat 2 gio. Néu xe chay véi van t6c 50km/h thi dén B sém hon 1
gi0. Tinh quang duong AB va thoi gian du dinh di ldc ban dau.
Loi giai.
Goi x (gio) la thoi gian dy dinh di ltic ban dau. (x>0)
Theo dé bai ta c6 phwong trinh sau:
35(x+ 2)=50(x71)
< 35x+70=50x—50
< 15x =120
< x =8 (nhan)
Vay thoi gian dw dinh di Iic ban dau la 8 (gio)
Quéng duong AB la 35(8+2)=350 (km)

x_+3+2_y2:8
1,giai hé phuong trinh: Sl
2 X33y 45
X y-2
Loi giai.
x+3 x+3
) - =20 g a=2 x 2 (x=
Pt “larsb=13 Tp=3 T “ly=3
2 _—b(b>0) arsn= - Y =3 r=
y=2 y=2
2, Trong mt phang toa dd Oxy, cho duwong théng (di): (d,):y=—mx+m+1 va
(dz):y:lx—l—i véim la tham s khac 0.
m m

a, Chting minh réng (d1) va (d2) ludén vudng gdc v6i moi gia tri ctia tham s6 m #0.
b, Tim diém c§ dinh ma duong thang (d1) ludn di qua. Chting minh ring giao diém ctia
hai duong thing ludn thude mot duong c8 dinh
Loi giai.
1

a, Hé s8 goc ctia dwong thang (di) 1a -m va hé s8 goc ctia dwong thing (d2) 1a — .
m

Xét tich ctia cic hé 6 goc ctia hai duong thang (di) va (do):

7m.i =1 nén hai duwong thang (d1) va (d2) vudng géc véi nhau véi moi gid tri ctia m.
m
b, (d,):y=—mx+m+1 (dz):yzlx—l—i
m m
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Gia st M (x,;,)1a giao diém cuaa (di) va (dz)
yo—l=m(1-x,)
1
y0+1:;(x0*5)
= (3 + ) (=) =(1-x,) (%, -5)

Giasu /(3;0)emit phéng toa d¢

Tacd IM =(x,~3) + ¢ =5 khong d6i.

Vay M thudc dudng tron tam I ban kinh /5

(3,5 diém). Cho dwdng tron tdm O, ban kinh R.Diém A4 thudc duong tron, BC la mot
duong kinh (4# B,4#C).Vé AH vudng goc véi BC tai H.Goi E,M lanluot la trung
diém cua 4B, AH va P la giao diém ctia OE véi ti€p tuyén tai 4 ctia dudng tron (O,R).

1) Chting minh réng: 4B* = BH.BC

2) Chiing minh: PB la tiép tuyén ctia dudng tron (O)

3) Chting minh ba diém P,M,C thing hang.

4) Goi 0 1a giao diém ctia duong théng PA vdi tiép tuyén tai C ctia duodng tron (O).
Khi 4 thay d6i trén duong tron (0), tim gia tri nho nhét ctia tong OP+0Q .

Loi giai.

1) Chting minh réng: 4B> = BH.BC
Xét AABC vudngtai A = AB*=BH.BC

2) Chiig minh: PB 1a tiép tuyén cta duong tron (O)
Cé E latrung diém cia 4B = AB L OE = OE la duong trung truc cia 4B
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= PA=PB = AOPA=AOPB(c-c—c) = PAO=PBO=90"= PB L 40
= PB latiép tuyén ctia duong tron (0)

3) Chting minh ba diém P,M,C théng hang.

Giastt PC cat AH tai N

PE _BH - BH _CN
PO BC BC CP

Ta chtiing minh dwoc

= PE_CN o s APNE ~APCO(c-g—c)
PO CP

= PNE = PCO ma hai goc 0 vi tri so le trong = NE|OC = NE || BH

Lai ¢ E la trung diém ctia 4B = N latrung difm 4H = N=M

Vay P,M,C thing hang.

4) Tim gia tri nho6 nhét cta téng OP +0Q .

Theo bat déng thitc ¢ si ta c6

OP+0Q>2,/J0P.00

Ma OP.0Q = OA.PQ = PO.R

= OP.0OQ dat gié tri nho nh&t khi PQ nho nhét < PQ la khoang cach gitta hai duong
BP va CQ

= PQ||BC = A ladiém chinh gitta duong tron.

(0,5 diém)
e A A . = . 3
Cho cac so thuc khong am x, y, z thoa man x<1,y<1,z<1 va x+y+z=5 .
Tim gi4 tri 16n nhat va gia tri nho nhat cta biéu thic P=x" +y* +2°
Loi giai.

Tim gia tri 16n nhat

; . Yo mun s 2 1
Tacd 0<x,y,z<1.Dovai tro x, y , znhw nhau nén gia st x> y > z. Khi d6 IZxZE
Ta co

3 > 9
y+z=57x:yzJrz‘4r2y2:273x+xz

oxX+y+7 =%73x+2x272yzS%f3x+2xz =%+(x71)(2x7|)si
5
Vay P<—
ay 2

Vay MaxP=% khi (x,y,z)= (1;%;0] vacachodnvix, y, z
Tim gié tri nho nhat

Ap dung bat déng thitc Cauchy cho 2 s8 duong, ta c6 x* +% >2 xz.% =x
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Tuwong tu y‘+ZZy; z‘+222

A X o1 a2 ) , B 3 3
Cong theo vé cac bat dang thic ta c6 x° +y* +2° +22x+y+z=§

Hay x2+y2+zzzg

Déng thitc xay ra khi va chi khi x=y =z :% :

3 1
VayMinP= = khi x=y=z=—.
y Py x=y=z Py




