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A C
B
Thé tich khdi chop da cho bing
3 3 3 3
AL B, L3 c. 3 p, 43
4 ) 12 2 4
Cau 2: Do thi ciia ham s6 nao dudi day co6 dang nhu duong cong trong hinh vé bén
vl
III
\ o
—

A y=x-2x"-1

B. 10°.

B. y=—x"+2x"-1. C.y==x"+3x"+1. D. y=—x"+2x"+1
Cau 3: Cho tap hop 4 c6 10 phén tir. SO tap con gdm ba phan tir cia 4 bang
A. 120.
5 5
Ciu4: Néu [ f(x)dx=12 thi
1

C. 720. D. 3".
f[if(x)-l% dx bang
A 21, B.6. C. 30. D. 36.
Cau 5: Cho Ix3dx: F(x) +C . Khang dinh nao dudi ddy dung?
A. F'(x)=x’+C. B. F'(x)=3x. C. F'(x) =%x4 . D.F'(x)=x".
Céu 6: Cho ham s6 bac ba ¥ ~/¥) ¢6 dd thi 1a duong cong trong hinh bén.
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Cau 1: Cho khéi chop S.4ABC co day la tam giac déu canh a,S4 vudng goc voi day va SA =3 (tham khao




YA
3
2 -
/ 0 \i/ T
PR, | S
Gié tri cuc tiéu ciia ham sb da cho 1a:
C. -1. D. 3.

A. 0. B. 2.
Céau 7: Trong khong gian Oxyz, cho hai diém A(1;0;2) va B(2;1;1). Duong thang 4B c¢6 phuong trinh

la:
x=1+t¢ x=2+t x=2+t x=1+¢
A Jy= . B.{y=1-¢. C.qy=1+¢t . D.{y=t
z=—1+2¢ z=1-t z=—1-t¢ z=2-t
Cau 8: Trong khong gian Oxyz , gbc giita hai mit phang co phuong trinh x=0 va z =0 bang
A. 90°. B. 45°. C. 60°. D. 30°.

YLV 273 Biém nao dusi day thuse d ?

D. P(-10;3).

Cau 9: Trong khong gian Oxyz, cho duong thang d : 5 0 5
A. 0(0;0;0). B. N(2;-1-2). C. O(1,0;-3).

Céu 10: Cho s6 phirc z=2+9i, md dun cta sb phirc z* bang
A1l B. 36. C. /85, D. 85.

Cau 11: Cho hinh chép déu S.ABCD c6 chiéu cao a, AC =2a(tham khao hinh bén). Tinh tang goc giita

hai mat phang (SCD) va (ABCD).

A 2. B. 1. C.g. D. 2.

1a duong thang c6 phuong trinh
1 3

3
A. y=0. B. y=—-. C.y=——. D. y=—.
y y 5 y ) y 4

Céu 12: Tiém can ngang cua do6 thi ham s y = 2 )i >
x —

Céu 13: Cho ham sd y =ax’ +bx* +cx+d ¢ dd thi 1a duong cong trong hinh bén. Piém cuc dai ctia do thi

ham so6 da cho c6 toa do la
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A. (3;0). B. (-1;2) . C. (2-1) D. (0;3).

Cau 14: Trong khong gian véi hé toa d6 Oxyz, cho diém A(l;2;3) . Biém d6i xtmg v6i A qua truc Ox
co toa do la

A. (1;-25-3) . B. (-1;2;3). C. (1;0;0) . D. (-1;-2;-3).
Cau 15: Cho ham s6 y = f(x) c6 dao ham f"(x) =(x—2)4 (x—xz) v6i moi x € R. Ham s6 da cho dong

bién trén khoang nao dudi day?

A. (2;+). B. (0;1). C. (—;0). D. R.
Céu 16: Cho khdi 1ap phuong c6 do dai duong chéo bang \/§ . Thé tich cua khéi 1ap phuong da cho bang
A 3. B. 27. C.1. D. 33.
Céu 17: Trong khong gian Oxyz, cho mit cau (S):x* +” +z° —2x+6z+2=0. Tam cua (S) c6 toa do 1
A. (l;—3;—1). B. (—1;0;3). C. (1;0;—3). D. (—2;6;2).
Cau 18: Tap nghiém cta bat phuong trinh 2* > 5 1a
A. (0;log, 5). B. J. C. (log, 5;+). D. (—x;log, 5).
Céu 19: Cho cép s6 cong (u,) v6i u, =2 va cong sai d =-3. Gid tri cia u, bang
A. 2. B. 18. C. 4. D. 1.
Céu 20: Phan 4o cua sb phitcc z=5-4i 1a
A. —4i. B —4 . C. 4. D. 5.
5
Cau 21: Néu ff(x)dx:—3 va fg dx—S thi f[f( ) g(x)]dxbéng
_ -1
A. -8. B. 5. C.2. D. 2.

Cau 22: Trén mat phéng toa do, biét tap hop diém biéu dién sb phtc z thoa man |z +1 —2i| =2023 la mot
dudng tron. Tam cua dudng tron d6 co toa do 1a.
A. (-1;2). B. (-2:1). C. (,-2). D. (2;-1).

Cau 23: Dién tinh hinh phing giéi han boi hai duong y =—x* +2x va y =0 bang
A.in. B.i. C.E. D. Eﬂ'
3 3 15 15
Céu 24: Trong khong gian Oxyz , mit phang (P): y+2z—1=0 c6 mdt vecto phap tuyén la
A.n, = (0;1;2). B. n3 (1,0;2). C.;lz(l;Z;—l). D. n, = (LL-1).
Céu 25: Cho ham s f( ) = x —sin x . Khiang dinh nao duéi day dung?

If dx-——cosx+C B. Jf(x)dle—cosx+C.
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C. If(x)dx:x7+cosx+C. D. If(x)dx=x2+cosx+C.

Cau 26: Cho ham sd y = f(x) c6 bang bién thién nhu sau:

T |—o00 1 3 +00
/(@) r 8§ - m =+
2 +00
f(x) _OO/ \0/

Ham s6 da cho dong bién trén khoang nao duéi day?
A. (3;+0) . B. (0;+). C. (-;2). D. (1;3).

Céu 27: Biét mit phang (P) cat mit cau S (O;R) theo giao tuyén 1a duong tron c6 ban kinh g .Goi d la

khoang cach tir O dén (P) bang

NP ERELS B. d =3R c.a=% D a3
2 2 2
Ciu 28: Trén tdp R\ {0}, dao ham cua ham s6 y=log, |x| la
1 1 1 1
Ay =——. B.y=——. C.y=—. D. y' =- :
4 xln2 4 |x|ln2 4 X 4 xln2
Cau 29: Tich tat ca cac nghiém ciia phuong trinh 2In” x—3Inx—5=0 bang
3 3 3 3

A.e?. B. 2. C.e?. D. e2.

Cau 30: C6 bao nhiéu sb nguyén thoa man bat phuong trinh log, (x—3)>-2 ?
2
A. v sb. B.7. C. 4. D. 5.

Cau 31: Cho ham s6 bac ba y = f(x) c6 d6 thi 1a duong cong trong hinh bén. Phuong trinh f'(f(x)) =0

c6 bao nhiéu nghiém thuc phan biét?

Ly
1 —
/N
-1 | N
{ 0 1 x
|
|
|
|
|
Y- {3
A. 4 B. 3 C.6 D. 5.

Cau 32: MGt hinh hinh nén c6 do dai duong sinh 7, ban kinh day » . Dién tich xung quanh ctia hinh non dé
bang:

A. 2mrl . B. %mﬂzl. C. %nrl. D. nrl.

Cau 33: Cho a 1a mot sé thuc duong tuy ¥, khi d6 ln(ea3) bang
A. 3a. B. 1+3Ina. C.3(l+lna). D. 3Ina.
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cat truc hoanh tai diém c6 hoanh d6 bang

Lo , dx—
Cau 34: DO thi ciahamso y = al
x+1

A. 2. B. -6. C. 3. D. 1.
Cau 35: Trén mat phéng toa d0, diém biéu dién sd phtc z=5-2i cotgad) la

A. (5-2i). B. (5;2). C. (5-2). D. (2;-5).

Cau 36: Cho hinh chop S.4BCc6d day la tam gidc vuong tai B, SA vudng goc voi day va
SA = AB = a(tham khao hinh v&). Khodng cach tir 4 dén mit phang (SBC) bang

S

a2

2

a2

4

A. D.

Cau 37: Mot nhom gém 6 hoc sinh nam va 4 hoc sinh nit. Chon ngﬁu nhién d@)ng thoi 3 hoc sinh trong
nhom do. Xac suat dé trong 3 hoc sinh dugc chon ludn cé hoc sinh nir béng
AL B. 2. c.? D. L.
3 6 3 6
El
Cau 38: Trén khoang (0;+ ), dao ham clia ham s6 y =x* 1a
4 2 , 5 5 l ! 5 %

A, V' =—x*. B. y==x. C. )y ==x*. D. y' ==x*.
y 9 y 4 y 4 y 4

Céu 39: Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh vudng canh a, SA L (4BCD). Biét khoang cach
tir C dén mit phang (SBD) bang 2?61 , thé tich khdi chop di cho bang

3
A. 2334, B. 2% C.24°, D.

2\/§a3
3

Cau 40: Cho ham sb f(x) c6 dao ham trén [0;+oo) thoa man f(O):l, f(x)>O,Vxe[0;+oo)

1 1 . 2
va +— =1,Vx e|0; +oo). Dién tich hinh phang gidi han bdi cac duong y = f(x) , y=|f(x)
f(x) 2/ (x)+1 [ /(0]
va duong thang x =4 bang
T B2 c p. 2.
35 3 2 3

Céu 41: Trong khong gian Oxyz, cho hai diém A(1;-2;-4) va diém B(-3;1;2). Xét hai diém M va N
thay doi thudc mat phang (Oxy) sao cho dién tich hinh tron duong kinh MN c6 dién tich bang %Tﬂ . Gid tri
16n nhat ctia |AM — BN bing

A. 6l B. 543. C. 53. D. J68.

Céu 42: Trong khong gian Oxyz , cho mit cau (§):x* + )y +z° —4x—4y—4z=0 vadiém 4(4;4;0); B la
Trang 5/6 - Ma d& 002



mot diém thudc mot cau (S ) sao cho tam gidc OAB déu. Tinh khoang cach tir diém M (5;—1;3) dén mat
phang (OAB), biét raing mit phang (OAB) khong di qua diém C(1;0;1).

A W2 B. \3. C. 1. D. 34/3.

N . . . 1 2 o )
Cau 43: Co bao nhiéu gia tri nguyén cua tham s6 m dé hamso y = 2—0x5 —§x3 —mx c6 4 diém cyc tri?
A. 4. B. 2. C. 3. D. 1.

Céu 44: Cho hinh tru ¢6 ban kinh ddy R =8 va chiéu cao /4 =10. Cit hinh try di cho béi mit phang song
song voi truc va cach truc mdt khoang bang 2, thiét dién thu duoc 1a hinh chit nhat 4ABCD. Goi I 1a tam
hinh chit nhat 4BCD, dudng thang qua I va vudéng goc voi (ABCD) cat mat try tai diém S (v6i ST >8).
Goi (N)1a khéi non c6 dinh S va c6 dudng tron ddy ngoai tiép hinh chit nhat ABCD. Tinh thé tich cua
khoinén (N).

200/60

B. IV =850r. C.V =" D.V:@.

Céu 45: Cho ham s6 £ (x) lién tuc trén R. Goi F(x),G(x) 1a hai nguyén ham cia f(x) trén R théa
1

man F(1)+G(1)=5 va F(0)+G(0)=1.Khido [(x—1)f(x*~2x+1)dx bing
0

A. 0. B. 5. C. 6. D. -1.

AV =

200/607
—

Cau 46: Cho hai s6 phiic z,, z, théa min |z1 +2—i|+|zl —4—7i| — 62 va |1'z2 —l+2i| =1. Gia tri nho nhat
ctia biéu thirc P = |z1 + zz| bang

A 3\2-1. B. 242 1. C. 22-2. D. 3\J2-2.
Cau 47: C6 bao nhiéu s6 thyc x théa man phwong trinh log,,; , (10g,,;_, x) =log, (log, (2023-x))?

A. 2. B. 0. C. 1. D. 2023.
Céu 48: Trén tap hop sO phire, xét phuong trinh z* +(m+1)z+m”> +m=0 (m 1a s6 thuc). C6 bao nhiéu gia

tri cia m dé phuong trinh d6 c6 hai nghi¢m phan biét z,,z, théa man |zl + l| + |z2 + 1| =27

A. 3. B. 1. C. 4. D. 2.
Céu 49: C6 bao nhiéu cip s6 nguyén (x ; y) théa min

log, (x2 +y° +18x) —log, (xz +y° + 4x) >log, (x2 + yz)—log5 2x+1.

A. 20. B. 31. C. 27. D. 28.
Céu 50: C6 bao nhiéu gid tri cia tham s m e (—20;20) dé ham s6 y = |x3 —3(m+2)x*+3m(m+ 4)x| dong
bién trén khodng (0;2)?

A. 35. B. 3. C. 32. D. 37.
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HUONG DAN GIAI
VAN DUNG — VAN DUNG CAO

LN .z . A 5 A A1 A 2 r < R .
<TH> C6 bao nhiéu gia tri nguyén cta tham so m dé hamso y = %xS —§x3 —mx ¢6 4 diém cuyc tri?

<§>3.
<$>4.
<$>1.
<$>2.
Giai :

1 1
Taco : y'=Zx4—2x2—m=0<::>zx4—2x2 =m

x=0
h(x):%x“—sz = h'(x)=x"-4x=0<| x=2 .Lap BBT suy ra:
x=-2

<TH> Cho hai s phitc z,, z, théa man |z, +2~i|+|z, ~4-7i| = 65/2 va |iz, ~1+2i| = 1. Gi4 tri nho nhat

cua biéu thirc P=|z, +z,| bang

<§>22 1.
<$>32-1.
<$>22-2.
<$>342-2.

Loi giai
Goi M 1a diém biéu dién sb phuc z,,
khi d6 |z, +2—i|+|z, 4~ 7i| = 652 & MA+ MB = 652, A(-21); B(4;7)
Ta cd AB =6+2 , khi d6 M thudc doan théng AB.
Goi N la diém bicu dién s phirc —z,, khi d6 |iz, -1+ 2i| =1 |-z, -2 —i|=1< NI =1,1(2;1)
Khi @6 N nam trén duong tron tim I(2;1);R=1
Tacé P=|z, +Zz|=|zl —(—zz)|:MN.
Taco AB:x—y+3=0; d(I;AB):2\/§

Khi d6 P,

=d(I;4B)~R=242-1.
<TH> Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuéng canh a, S4 L (ABCD). Biét khoang cach
tir C dén mit phang (SBD) bang Z?a’ thé tich khdi chép di cho bang

3
<$>2i-

<$>2a’.

2\/§a3
.

<$>234’.

<$>




<TH>Cho ham sb f(x) c6 dao ham trén [0; +oo) thoa man f(O) =1, f(x) >0,Vxe [0; +oo)
1 1 ,
va +— =1,Vx €|0;+). Dién tich hinh phang giéi han bdi cac duong y = f(x) ,
f(x) 2f(x)+1 [ )

y= [f(x)]2 va dudng thang x =4 bang

Loi giai
1

1
" 70 2

< 2f"(x)+1+ 7 (x) =21 (x) f'(x)+ 1 ()

< 2f"(x)+1=21(x) f'(x)

=2f(x)+x=f*(x)+C

Vi £(0)=1nén C=1.Dod6 f(x)=x+1vi f(x)>0,Vxe[0;+0).

= [ (x)=x+2Jx+1
Phuong trinh hoanh do giao diém x+2dx+l=Vx+lex+/xr =0 x=0

S:]\xw;\dx:?
0

<TH>Trén tip hop s6 phirc, xét phuong trinh z* + (m + l)z +m’ +m=0 (m 1a sd thuc). C6 bao nhiéu gia
tri clia m dé phuong trinh d6 c6 hai nghiém phan biét z,,z, thoa man |z, + 1| + |z2 + 1| =27
<§>1.
<$>4 .
<$>2.
<§> 3.
Loi giai
Xét phuong trinh z* +(m+l)z+m2 +m=0 (1)
bat z=w—-1, )= (w—l)2 +(m+1)(w—l)-|—m2 +m=0=w+(m-Dw+m’ =0 (2)
D¢ phuong trinh (1) ¢6 hai nghiém phéan biét z,,z, théa man |z, +1/+|z, +1|=2 thi phuong
trinh (2) c6 hai nghiém phén biét w;,w, thoa man |w|+|w,|=2
Taco: A=-3m*—2m+1

TH1: A<0<:>m<—1un1>%.

Phuong trinh (2) ¢6 hai nghiém phure, khi do: |w| =|w,|.



m=1 (n)

Suy ra: m’> =1< .
m=-1 (I)

TH2: A>O©—1<m<%.

Vi a.c=m" 20 nén phuong trinh (2)c6 hai nghiém phén biét z,.z, > 0 hodc z,.z, <0.
m=3 (I
Suy ra: |w1|+|w2|:2<:>|w1+w2|=2©|m—l|:2c> .
m=-1 ()
Vay c6 1 gid tri ciia m thoa yéu cau bai toan.
<TH> Trong khong gian Oxyz , cho mat cau (S) X2+ + 22 —4x—4y—4z=0 va diém A(4; 4; O) , B la
mot diém thudc mot cau (S ) sao cho tam gidc OAB déu. Tinh khoang cach tir diém M (5;—1;3)
dén mat phang (OA4B), biét rang mit phang (OAB) khong di qua diém C(1;0;1).
<$> 3\/5 )
<$> \/3 .
<$>1.

<$>342.

HD: Thiy O,A,B thudc (S). Tinh dugc ban kinh duong tron ngoa tiép OAB ,
tinh duoc k/c tir tim mat cau dén (OAB). Tur d6 1ap duogc pt(OAB)

<TH>C¢ bao nhiéu cdp sd nguyén (x ; y) thoa man

log, (x2 + 7 +18x)—log5 (x2 +y° +4x) >log, (x2 erz)—log5 2x+1.

<$>28.
<$>27.
<$>20.
<$>31.
Loi giai
Piéu kién x>0

Ta co log, (x2 +y? +18x)—10g5 (x2 +y7 +4x) >log, (x2 +)/2)—log5 2x+1

< log, (x2 +y° +18x)—10g2 (x2 +y2)—[log5 (x2 +y° +4x)—log5 2x} >1

2 2 1 2 2 4
o log, T HI I8 0 XAy HAx,,
X +y 2x
2 2
<:>log2(l+%j—log5(2+x Ty jzl
X" +y 2x
x>+ X 9
Dat 5 Y — >0, bt phuong trinh tré thanh log2(1+—)—log5(2+t)2l (1).
X t

9 1

~ - 0 V>0
(£ +9¢)In2 2+0ms

Xét ham s6 f(t):log2(1+§)—log5(2+t) co f'(t)=

= f(¢) 12 ham nghich bién trén (0 ; +o0) (2).
Ma f(3)=1néntx(l)va(2)tacd f(t)>f(3)=1<3.

2 2

X +y
2x

Suy ra (x—3)2S9c>—3£x—3£3c>0£x£6.Mé x>0nén 0<x<6; x,ye’Z:

Tt do6 ta co

<3 x?+y’—6x<0e (x-3) +y7 <9.

Néu x=1 hogc x=5 thi ye{*l; +2; 0}: truong hop nay c6 10 cip s6 nguyén (x ; y) théa

man.



Néu x=2 hodc x=4 thi ye {£1; £2; 0}: truong hop nay c6 10 cap s6 nguyén (x ; y) thoa
man.
Néu x=3 thi ye{£]; +2; +3; 0}: truong hop ndy c6 7 cdp s6 nguyén (x ; y) théa man.

Néu x =6 thi y=0: truong hop ndy ¢ 1 cip sb6 nguyén (x ; y) thoéa man.

Véy c6 tat ca 28 cdp sO nguyén (x ; y) thoa man yéu cau cia dé bai.

<TH>Cho hinh tru c¢6 ban kinh ddy R =8 va chiéu cao 4 =10. Cit hinh tru d cho béi mit phang song
song voi truc va cach truc mét khoang bang 2, thiét dién thu dugc 1a hinh chir nhat ABCD . Goi

1

1a tAm hinh chit nhat ABCD, dudng thang qua / va vudng goc véi (ABCD) cit mit try tai

diém S(v6i SI>8). Goi (N)la khéi non c6 dinh S va c6 dudng tron ddy ngoai tiép hinh chit
nhat ABCD . Tinh thé tich cua khéi non (N ) .

<g>p 23207

3
o = 2003\/% |
o 200\3/@z .
<$>V =850 .

Tacoé SI=10.Goi 0,0 lan luot 12 tAm hai day cta hinh tru.

Gia sir mat ph'fmg song song vai truc cua hinh try cit hinh tru theo thiét dién 13 hinh chir nhat
ABCD nhu hinh vé.

Goi M 1a trung diém ciia AB = OM L (ABCD).
Do d6 d(00';(ABCD))=d(0;(ABCD))=0M =2.
Taco MA* =R’ —OM* =64-4=60.

= JA* = IM?* + MA* =25+ 60=85.

Thé tich cta khéi nén (N) 1a ¥ = %1A2.n.s1 - %7:.85.10 = @ .

<TH>Trong khong gian Oxyz, cho hai diém A(1;—2;-4) va diem B(-3;1;2). Xét hai diém M va N

<$>\/§_
<$>\/§,
<$>\/a,

. . . 9
thay d6i thugc mat phang (Oxy) sao cho hinh tron duong kinh MN c6 dién tich bang Tﬂ Gia

tri 16n nhat cia |AM — BN/ bing



<$> 5\/5 .

Loi gidi
A
/0/{ L N M
7, :
/ H MB’
0 : r
A/

Goi 4' dbi xtmg v6i 4 qua mitphang (Oxy).Suyra 4'(1;-2;4).

Dung BB'= N . Khi d6 p' thudc mit phing (Q) qua B vasong song (Oxy).
Phuong trinh (Q):z=2.Va BB'=3.

Suy ra B' thudc duong tron tim B, bankinh R =3 trong (Q).

Ta co: [AM —BN|=|A'M —~MB'|< A'B'. Trong @6 A';B' clng phia so véi (Oxy).
Goi g 1a hinh chiéu cua 4' trén (Q) . Suy ra H(l;—2;2).

Suyra A'H=2;HB'< HB+BB'=5+3=8.

Khi do A'B'=~A'H> + HB" <\J4+64 =/68..
Dau bang xay ra khi p nam giita ' va 7 va M=A'B'ﬂ(0xy) va BB'= NM -
<TH>C6 bao nhiéu gié tri ctia tham s6 m € (~20;20) dé ham s6 y =[x’ =3(m+2)x* +3m(m+4)x| dong
bién trén khoang (0;2)?
<$>37.
<§>3.
<$>35.
<$>32.
Loi gidi
Xét ham s y=|f(x)| voi f(x)=x"=3(m+2)x* +3m(m+4)x.
Khi @6 f'(x)=3x2—6(m+2)x+3m(m+4)=3(x—m)(x—m—4).

Ta c6 bang bién thién

X —ad .0 3 m m+4 0, 2 +an
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£() /{(0)%0 T v r(0)%0




2<m m=2

Tir bang bién thién = | m+4<0 < |m<—4
m<0 -2<m<0

{2Sm+4

Véy c6 37 gia trj clia tham s6 m e(—20;20) dé ham so y:|x3 -3(m+2)x* +3m(m+4)x|

ddng bién trén khoang (O; 2) )
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